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Abstract

Ocean domains used for the orthonormal (ON) systems developgéddng[1991] are studied

to determine the maximum degree of spherical harmonic and orthonormal expansions that can be
constructed. Although Hwang showed one domain was restricted to degree 24, others he showed
could be constructed to determine expansions to at least degree 36. Since 1991 the maximum
degree expansion used for several Ohio State studies has been 24. In this report it is shown that
the maximum degree for the ocean domain useWagg and Rap|pl994] was 32, and 29 for

the domain used bRapp, Zhang, and Yi1996]. A modification of the former domain was
developed (D1le) that enabled a solution to degree 36 to be determined. A modification of the
Rapp, Zhang, Ydomain (D7d) enabled a degree 30 solution to be made. Combination coeffi-
cients were developed for domain Dle, to degree 36, and to degree 30 for domain D7d. The
degree 30 spherical harmonic expansion provide®dutis [1998] of the POCM_4B dynamic

ocean topography (DOT), and the degree 30 part of the degree 360 expRappi 98] of the
POCM_4B model was converted to an ON expansion valid for the D7d domain. The degree 36
part of the degree 360 expansion was converted to the ON expansion for the D1e domain. The
square root of the degree variances of the various solutions were compared. The root mean
square value of DOT from tHeavlis expansion, after conversion to the ON system, #6&652

cm (D7d domain). The value from the degree 30 part of the 360 expansici6&&5 cm. The

value based on the actual POCM_4B data, in the D7d domair;,68a54 cm showing excellent
agreement with the ON results. If the spherical harmonic coefficients had been used the implied
root mean square value ws80.76 cm Pavlig and+59.70 cm Rapg.

The geoid undulation accuracy by degree and cumulatively was determined for ocean domains
Dle (to 36) and D7d (to 30) using the standard deviation of the coefficients of the JGM-3,
TEG-3, and EGM96 geopotential models. For the EGM96 model, the cumulative undulation
error wast9.2 cm for domain D1e antl/.3 for domain D7d—both numbers being slightly (4%)
smaller than if the calculation was carried out for the global domain. As also found with the
spherical harmonic to orthonormal conversion, the last 2 or 3 degrees of the ON expansion
appear to be significantly reduced in magnitude from results found when the expansion is taken
to higher degrees. An aliasing effect appears to be at work here.

Realistic ocean domains can be defined that enable ON expansions to degree 36 to be determined
from spherical harmonic expansions. Error degree variances show small differences with corre-
sponding global estimates from spherical harmonic analysis. Higher degree ON solutions can be
obtained by simplifying the ocean domain definition.

Introduction

In 1991 Hwang developed a set of functions orthogonal over a user defined domain—the
oceans—that were used to represent the dynamic ocean topography (DOT) which is defined only
in an ocean domain. The orthonormal functions (ON) that were developed by Hwang were
expected to yield a better representation of DOT than spherical harmonic expansions, which are
most useful when a representation of a globally defined function is being determined. Of specific
importance was the spectral content by degree of the representation. The power, or degree
variance, of a non-global function represented by a spherical harmonic expansion was unreliable



because of the non-global nature of the function being used with functions that were orthogonal
over the entire sphere.

In the 1991 report, Hwang showed how functions could be developed over a user defined domain
that were orthonormal functions. The functions were developed for domains that were defined in
different ways, with all being an approximation to the ocean. An important property of a domain
relates to the maximum degree for which the linear dependence of the spherical harmonics, over
the domain, can be desirddwang[1991, p.89] described the procedures to be followed to test
different domains to see the maximum degree of expansion that could be used. These domains
will be described later in this report. One of the domains (domain 2) was defined by the existence
of the DOT of theLevitus[1982] data set as modified by Engelis (1987). The data basically, but
not exclusively, covered the ocean where the depth #2250 m. For this realistic ocean
domain the maximum degree of expansion was 24. Other domains yielded higher (e.q. 36)
expansion degrees but domain 2 was considered to be the most reasonable ocean domain
estimate. This degree was used for numerous calculatiodsvagg[1991, 1993, and 1995], by

Wang and Rapfil994], and byrRapp, Zhang, and Y1996]. For several applications of this time
period degree 24 expansions were considered adequate. However, more recently, the
development of higher degree expansions in which the linear independence can be desired has
become of interest. Although such domains were definddwming[1991], other such domains

that would be suitable for use with current DOT models and satellite altimeter data sets could be
sought.

The purpose of this report is to describe the calculation of the highest degree for different domain
that could be of use for future ON expansions and to examine the power spectrum of high degree
ON expansion, and to use such domain with existing spherical harmonic representations of
dynamic ocean topography.

Orthonormal and Spherical Harmonic Relationships

Consider the representation of dynamic ocean topogrgphya system that is orthonornier
the sphere (an SH expansion) and one that is orthonormal over the ocean donfaM (an
expansion). Witlg geocentric co-latitude andlongitude one has

=3 i[cnmﬁnm(e,m +5, Sm(0,1)] (1)

and
k n

{(6,2) = Z) > [3,:0,m(8,A) +b..Q,.(6,A)] . (2)

where Rom and Sym are the fully normalized spherical harmonics, and s\m are the SH
coefficients with@ = 9¢° - ¢, andk is the maximum degree of the expansion. In the same way
Onm andQnm, are the orthonormal functions aegh, andb,, are the ON coefficients. The theory
and initial testing for the ON approach were carried outlwgng[1991, 1993]. Additional tests
using TOPEX data were described Wang and Rapgl1994]. In the text that follows the
pertinent equations developed blyvang [1991, 1993] are described without derivation. The



discussion is given here to help in understanding the computation that will lead to the
determination of the highest degree of expansion for a specific domain of the ocean and for the
determination of the coefficients to convert spherical harmonic coefficients to orthonormal

coefficients.

The fully normalized spherical harmonic&m and Som, are orthogonal functions over the
sphere Heiskanen and MoritZ1967, section 1-14]. This means, for example, that:

IIﬁnm(G,A)ﬁsr(G,A)da =0, ifsznorr#mor both (3)
and
Hénm(e,;\)ﬁsr(e,)\)da =0. (4)
In addition:
1 —2 _ 1 —2
4—7TJ;Ian(6A)dU = HI{Snm(Q,A)dU (5)

wherea is the surface of the sphere.

Hwang wished to develop the ON functions such that they would have similar orthogonality
properties over a specific ocean domain D. To do this he implemented the Gram-Schmidt
orthonomalizing procesdHang 1991, Sect. 3.2; 1993, p. 1149]. Consider a set of linearly
independent functiorfs, f,,...f defined in domain D. Ldt be a set of orthonormal functions. The
Gram-Schmidt process of finding such functions can be represented in the following general
form [Hwang 1991, eq. (3.2); 1993, eq. (2)]:

f=Y ¢ f,i=1.n. (6)
JZ i
wherec; are the combination coefficients in the orthonomalizing process. Equation (6) can be
written as Hwang 1991, eq. (3.7), 1993, eq. (3)]:
y =Cx (7)

wherey = (?1,...?H)T andx = (fy,...f,) T andC is a lower triangular matrix containirgg. Since
all ¢; are positiveC™* exists and one habljvang 1991, eq. (3.9); 1993, eq. (4)]:

x=Cly. (8)
Now the Gram matrix is defined adyang 1991, eq. (3.3); 1993, eq. (7)]:



O f,, f,)...(f, f.) D
G=G(f,,f,,..f)=0 : 9)

Hf ., f)...(f,, n)H
If |G| =0 not all the given functiorig f,...f, are linearly independent.
Hwang[1991, Section 3.2.2] shows that the combination coefficient matrix can be written as:

C—l — RT
C= (R—l)T (10)

whereR' is the lower triangular matrix found from the Cholesky decompositi@ of
The Inner Products

Hwang next considered the inner products of the spherical harmonic function over the ocean
domain Hwang 1991 Section 5.1; 1993 Section 3]. The ocean/land division was defined by the
index functionw,, [Hwang 1991, eq. (5.1); 1993, eq. (9)]:

@)
W, = [1 Ocean (11)
’ Ep Land

wherek is a latitude index and is a longitude index for a discrete block division of the surface
of the Earth. The inner product of functiohandg needed for the Gram matrix are in general
[Hwang 1991, eq. 5.2; 1993, eq. (10)]:

et
(f.9)=fffg'do (12)

where a is now the area of the ocean domain. The discrete form of equation (12) is:

n-1 2n-1

(f, g)——; Z,WK’II kefg do (13)

wheren is the number of blocks in the latitude direction andl2s the number of blocks in the
longitude direction, assuming equi-angular blocks. In genfeagidlg can be complex functions.

The * indicates the complex conjugate operator. Four kinds of inner products were evaluated by
Hwang[1991, eq. (5,5)]:

E - ﬁ anm, Rrs)% [COSMA cOSSA [
Br:Tn E(Snm,Srs)D 1 HSlnmA sinsA B
[pnmg E(an,Srs)D aﬂ Pr (t)P s £osmA sinsA Edtd/\ (14)
HD E Hsnm,Rrs)E %Inm/\ COSS/\E



wheret = cos6. Hwang[1991, Sec. 5.11] shows that these inner products can be written as:

s 0 DReU )OO

DBrS i I Re(\/k H

oo 2a ; M-V

HDamH HimU,) B

whereU andV are complex functions given iHjvang 1991, eq. (5.19); 1993, p.1150]. In
addition, Hwang [1991, eq. (5.11); 1993, eq. (14)] gives the following:

(15)

s = [} PR (coB) P (coB)sine . (16)

The latter expression represents the integration of products of two associated Legendre functions
in the sub-intervabi < 6 < 61, The evaluation of | needs to be done for only one hemisphere.
Recursive Hwang 1991, Section 5.1.2] and product-sudwfang 1991, Section 5.1.3] formulas

for the evaluation of | were implemented by Hwang. Calculations for the report were done using
the recursive procedure.

Hwang[1991, p.76] points out that an efficient calculation of all the inner products represented
by (15) can be computed by FFT methods. For the G matrix, only certain terms are needed and
can be obtained by a simple selection procdssahg 1991, p.76].

The Orthonormal Functions

The general equation for the construction of the ON function is represented by eq. (7)Cwehere
a lower triangular matrix of combination coefficients. Lgf(6,A) be a surface spherical
harmonic. The ON function of degraes then Hwang 1991, eq. (5.73); 1993, eq. (27)]:

X,(0.1) = ZC L,(6.0) (a7)

wherelLp is a specific surface spherical harmonic in the sequéhearig 1991, eq. (5.72)]
{LR} = {ﬁoo , ﬁlo, ﬁll, éll ﬁzo, ﬁzl §21, ﬁzz, §22, } . (18)

A form of this equation to compute tii(6,A) andQn{6,A) values is given byiwang[1991,
eg. (5.74); 1993, eg. (28)].

Unique to this orthonormal system is the starting of the summation in eq. (17) from degree zero.
This process leads to the SystemX])) ON system lHwang 1991, p.93; 1993, p.1152]. Two

other systems were described by Hwang. Systelj) Ztarted the summation from degree one.

This assumes there is no zero degree harmonic, or removes a zero degree harmonic, in a DOT
representation. For SystemZ3)(the summation starts from 4 so that this representation does not



use the first four spherical harmoni¢®d Rio Ri1, Si1). In dealing with DOT representation, the
X; system is used and in dealing with geoid undulation accurac¥, sgstem is used.

Spherical Harmonic and Orthonormal Coefficient Conversion

Equation (1) and (2) represent DOT in a spherical harmonic and an orthonormal expansion,
respectivelyHwang[1991, Section 6.3; 1993, Section 7] developed the relationship between the
orthonormal coefficientXs) and the spherical harmonic coefficieit)( Specifically, Hwang

1991, eq. (6.38), 1993, eq. (58Yang and Rap, 994, eq. (4-16)]:

X, =(@CNHY, (19)

whereXs andYs are column vectors of coefficients a@dis the lower triangular matrix of the
combination coefficients that are based on the inner product calculation and the Gram matrix as
shown in equation (10). Equation (19) is a key equation as it allows the coefficients of a spherical
harmonic expansion to be converted to coefficients of an ON expansion for a specific ocean
domain.

Degree Variances

The power of a function at a specific degree in a surface spherical harmonic expansion is:
A=Y (Contsin)- (20)

The value ofA? is the degree variance of the function. A similar expression exists for the power
implied by the ON expansion:

BY = Z(aﬁm +b2). (21)

The value represented by eq. (20) and (21) are sometime called degree vararstesén and
Moritz, 1967, p. 259].

When using the spherical harmonic representation, the degree variances represent a mean square
value of the function over the entire sphere. Such values may be misleading for the case of func-
tions, such as DOT, not defined in a global sense. The degree variance calculated from the ON
coefficients represent the power over the specific domain for which the orthonormal functions
were constructed. Therefore such values are more meaningful than spherical harmonic degree
variances for functions not globally defined. Error spectrum can be computed using eg. (20) and
(21), replacing coefficient values with coefficient standard deviations.



Domain Definitions Considered by Hwang

Hwang[1991, 1993] defined five different domains and calculated the highest spherical degree
that could be used to assure a linear independence of the spherical harmonics over the ocean. To
do this Hwang calculated the inner products associated with each domain to a maximum degree
of 36. The Gram matrix (eqg. (9)) was then formed and used by program DEPEND, which uses
the Linpack routine SPPCO (for a real symmetric positive definite matrix in packed form) to
determine if the matrix is non-singular (harmonics to maximum degree used are independent) or
to determine the maximum number of harmonics that would yield a positive definite G matrix.
This number would correspond to the maximum number of coefficients that could be estimated
for the domain considered.

A key element in a domain definition is the determination if a specified cell is a land or water cell
so that the appropriate value wf, —the ocean index functiow,, (eq. (11))—can be defined.

The studies of Hwang used &1° cell size with elevation of the TUG data séti¢ser 1987].

The most comprehensive domain would be one where a cell, with the elevation less than zero is a
water cell, with all remaining cells considered land. Based on the TUG elevations, such a domain
was defined (domain 1) and is shown as Figure 1 [origifdlgng 1991, Fig. 5.1; also, 1993,

Fig. 1].

Hwang[1991, Fig. 5.2; 1993, Fig. 2] also considered a domain where a cell was considered an
ocean cell if an estimate of DOT, based on an enhanced Levitus daEmngeli§ 1987], was
available. Primarily this domain included all ocean areas where the depth exceeded 2250 m and
the Mediterranean and Black Seas. The plot of this domain (domain 2) is shown in Figure 2.

Hwang also introduced certain ocean areas in which DOT estimates would not be available
because of the small size of each area. These areas were:

Area 1: The Caspian Sea:°f<50°, 45°<A<57°.

Area 2: The Red Sea: &&p<30°, 31°<A<43°.

Area 3. The Persian Gulf: 22¢<31°, 46°<A<56°.

Area 4: The Baltic Sea: 4%@<60°, 5°<A<30° and 60<¢<67°, 15°<A<30°.
Area 5: The Hudson Bay and the Hudson Straighfic@d72°, 263<A<295.

With the definition of domain 1 given in Figure 1, and domain 2 in Figursvang[1991, p.89;
1993, p.1151] defined three additional domains:

Domain 3: The oceans given in Figure 1, excluding fix¢°1blocks
withH<O0inareas 1, 2, 3, 4, 5.

Domain 4: The oceans given in Figure 1, excluding fix¢°1blocks
withH <0 in areas 1, 2, 3, 4, 5 and the area wiper@2.

Domain 5: The ocean given in Figure 1, excluding thellblocks
withH <0 in areas 1, 2, 3, 4, 5 and the area where> 72°.
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For each of these 5 domains, the maximum nung@)esf(terms in the_, sequence (eq. (18)) that
would assure independent surface spherical harmonics was determined. The maximum complete
degree ) would be

(N +1) =int((p)"*). (22)

The number of additional terms that could be determined beyond this maximum complete degree
would bep— (N + 1%

Hwang[1991, Table 5.3; 1993, Table 1] gives the values for his five domains based on compu-
tations where the maximum degree for which the | values and inner products were calculated was
36. The values found by Hwang are given in Table 1.

Table L Maximump Values in the Spherical Harmonic SystelgH{
Before Which the Elements are Independent

Domain p Spherical Harmonic
1 >1369 536,36
2 646 $25,10
3 >1369 >S36.36
4 1321 S36,12
5 1321 S36,12

Domains 1 and 3 enabled expansions to above degree 36. Calculation to discover the degree
limitation for these domains, above 36, was not carried out by Hwang. Domain 2 is much more
complicated than either domain 1 or 3 because of the numerous small shallow parts of the ocean.
In this case, the maximum complete degree possible was 24, with additional te8ng140

Domain 4 and 5 considered as land areas locations abd\n (d@main 4) and above
72°N/below 72S for domain 5. For both these cases the maximum complete degree was 35, with
harmonics toS 36 12 possible.

For numerous computation done by Hwang, only expansions to degree 24 were used based on the
results for domain 2. Such degree was quite reasonable considering the data available in the early
and mid 1990’s. For those who wished to go to higher degrees, alternate domains were possible.
For example, domain 5 would have been a very reasonable domain to work with when analyzing
satellite altimeter data but it was not. Instead, alternate domains were set up that were used at
Ohio State for specific purposes. These are discussed in the following sections.



Two Additional Domains Used at Ohio State

Wang and Rapg1994] introduced a revised ocean domain definition for theysisabf DOT
derived from TOPEX satellite altimeter data. The ocean domain was defined tHrodgh
elevations in the region betweer0° latitude and where the depth of the ocean was greater than
zero meters. Certain water areas (Baltic Sea, Caspian Sea, Black Sea, Red Sea) were defined to
be land areas since DOT determinations are not meaningful, from altimeter data, for such
regions. Certain island groups (e.g. Hawalglands, Kergueletslands, parts dhdonesia) were
defined to be ocean to reduce the comipjeof the ocean domain. The specific domain
definition can be seen from the listing of the domain program used for the determination of the
w,, values. (The domain definition program usedMang and Rapg1994], was stored on the

OSU mainframe: (TS0548.B.HWANG(OCEAN)). An &act copy of the program was in
ZHANGC.LIBT4(OCEAN), ZHANGCLIBT4(OCEAN.D1), and RHRAPP.DOMAL.D1. A

listing of this program is given in Appendix A. The ocean/land division of domain D1 is shown
in Figure 3.

Another domain was used in the DOT as& describedni Rapp, Zhang, an®i [1996]. This
domain was designated D7 and is shown in Figure 4. The program for this domain definition was
ZHANGC.LIBT4(OCEAN.D7) or RHRAPP.DOMM.D7. The listing of the latter program is in
Appendix A. Domain 7 was designed so that the ocean pelided regions to the north of

65°N and to the south of68S. In addition the regions of the Black, Caspian, Mediterranean, and
Red Seas, and the HudsornyBeere ecluded as were all land data.addition, the land areas of

the Hawaiianislands and Kergueletslands were »cluded as the were in domain D1In
addition, two land cells with incorrect ocean designations based on the TUG87 elevation file
included in domain D1, were nowauded. The two cells were located near: DNIB0 and 2)

29°S, 136.

The DOT analses in theWang and Rapg1994] and theRapp, Zhang, andi [1996] studies

were carried out using a ximmum spherical harmonic degree of 24. The selection of this degree
was a cagyover from the studies of Hwang, as described prewod& tests were run for these

two studies with domain D1 or D7 to determine the maximum degree for which the spherical
harmonics were independent over the ocean domain being used.

For this paper the maximum number of coefficients that could be determined was evaluated
using the procedure developegHiwang and also described in this report. For the computations,
the maximum degree considered was 36, so that a file of the integration of the products of two
associated_egendre functions (eq. (16)) was generated on the Ohio Supercomputer Center
CRAY T90 using program PNMCR. (This and other CRAY programs for Okpansions were

run from the following directgr. /nome/osu1615/ON/rhr).

The needed inner products eq. (15) were generated with program Titnvesh elemens of the
Gram matrix were then aryaked ly Linpack subroutine SPPCO in gram depend written, as
were most of the programs used for the gtlg Hwang. Table 2 gives the wiemum p value
(see Table 1), the maximum completgree, and the last spherical harmonic inltheequence
that could be determined for the specified domain.

10
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Table 2. Maximump Value, Maximum Complete Spherical Harmonic
Degree, and.ast Spherical Harmonic for Domains D1 and D7

Maximum Last

Domain p Complete Dgree Spherical Harmonic
D1 1114 32 S$33,12
D7 940 29 C 30,19

The results shown in Table 2 show thapansions higher than 24 could have been used with
either domains D1 or D7 and that restricting the computations to degree 24 was not yecessar
Both the D1 and D7 domains gave higher degree than that found for domain 2 of Hwang because
neither domain is as complex as domain 2, which was intricate because of the depth criteria used
to define it.

Modification of Domain D7

Pavlis et al.[1998] describe a representation of the POCM_4B DOT using a spherical harmonic
expansion to degree 30—based on a least squares solution to POCM_4B value—qahsiome
using 8608 Proudman functions placed, in an ocean domain,26x2a grid. The Proudman
functions were defined between 76350 69.28N. The actual POCM_4B values were avail-
able from 74.97S to 64.88N except in selected areas (Black, Caspian, Mediterranean, Baltic,
and Red Seas, and the Hudsory)Bahe resultant coverage area was quite similar to that of
domain D7. Several modifications of the D7 domain definition were considered with the goal of
having a definition similar to that of the POCM_4B data coverage and the coverage associated
with the Proudman functions, and with aimaum complete degree of at least 30. Such a
domain was designated domain D7d which is shown in Figure 5 with the code for the domain
definition given in Appendix A. The difference between domain D7 and domain D7d is that the
latter domain includes the ocean td35vhile domain D7 was restricted t6°6 to match the
availability of TOPEX/Poseidon altimeter data.

The inner products of the D7d domain were calculated to degree 36 and the GRAM matrix
formed. Program DEPEND was run to determine theimiam number of independent spherical
harmonics that could be determined with the domain. This value was 986 yshigjfiér than

940 found for domain D7) which would impthe maimum complete degree that could be
estimated would be estimated 30 with coefficients possib&:t 12

The combination coefficients, eq. (6), were calculated usiegorogram gramcixfor the X;
system (/home/osu/615/ON/rhr), with the computed file being /tmp/osul615/gram30.d7d. The
“30” indicated the maimum degree of 30 would be used. This file was then ftp'ed to the OSU
mainframe (RHRAPP.GRAM30.D7D) and used to convert the spherical harmonic coefficient of
the degree 30xpansion of the POCM_4B DOT (hcad.psh.s02_x088) provided p Pavlis
[private  communication, August 31, 1998]. The conversion program was
RHRAPP.ZHANGC.GE@D.ORTHOX. This program also computes the degree variance from

12



the ON coefficients and the cumulative power. The results of these computations will be
discussed shortly.
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Figure 5. Shaded Areas Representing Ocean Domain D7d.

Modification of Domain D1

We next considered modification of domain D1 with the goal of finding a reasonable domain that
could be used for expansions to degree 36. As shown in Table 2, domain D1 could be used
complete to degree 32 with other coefficients to degree 33, order 12. The first modification
removed the two land cells, treated as ocean cells, as domain D1 was implem¥&vaed iand
Rapp[1994]. The latitude coverage was extended so that ocean cells ffbiNd5F5S were
included in the domain definition. The final version of the modified domain was designated Dle.
This domain is shown in Figure 6. The Ilisting of the mainframe program
RHRAPP.DOMAIN.D1E is given in Appendix A.

The inner products over the ocean domain, were also calculated to degree 40 and the Gram
matrix formed. The matrix was checked with program DEPEND and the value of p was 1382,
which implies the highest complete degree for domain D1e would be 36 with coefficiesits to s
estimable. Using the Gram matrix, the combination coefficients were formed i} fystem

using the CRAY program gramclx. The output file was placed in /tmp/osu/615/gram36.d1le. This
file was ftp'ed to the mainframe and saved as RHRAPP.GRAM36.D1E and saved as an ASCII
file. These coefficients can then be used to transform a spherical harmonic expansion of DOT
into an ON expansion valid for the D1e domain.

13
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Figure 6. Shaded Areas Representing Ocean Domain Dle.

Because of the large size of some of the matrices used in the coefficient transformation (e.g. the
full Gram matrix is 1369x1369 for a degree 36 expansion), the usual transformation program
(RHRAPP.ZHANGC.GEOID.ORTHOX) did not have access to sufficient space on the main-
frame where the maximum region size is 6144K. A modified program
(RHRAPP.GRAMCLX.BIG) assigned the largest arrays to dynamic common (DC). This
program was used to convert coefficients to degree 36, of the degree 360 expansion of the DOT
of POCM_4B Rapp 1998] to coefficients of the corresponding ON expansion. The degree vari-
ance of the ON expansion were computed and are discussed in the next section.

An attempt was made to modify domain Dle so that higher degree expansions could be made.
The modification included in the ocean domain, ocean values (height less than zero) to be
included for latitudes to 90l. (In domain D1e the north latitude limit was°K§. Also included

in this new domain definition (domain D1f) was the Baltic Sea, the Red Sea, and the Persian
Gulf. The inner products were computed to degree 40 and the number of independent spherical
harmonics was found to be 1454 corresponding to a complete expansion to degree 37. Since this
was not significantly greater than the degree 36 associated with domain D1e and since D1f is less
realistic because of the substantial polar ice regions now included, no additional computations
were done with domain D1f. These results suggest that some additional simplification of the
land/ocean interface may be needed to carry out higher degree expansions where the spherical
harmonics are independent in the ocean domain.

14



The Spectrum of DOT Implied by the Expansion in the New Domains

Given the ON coefficients for a particular spherical harmonic expansion and a particular domain,
the degree variances are computed using eq. (21). The cumulative power to a specified degree is
found by summing the degree variances to the desired degree. Since there is degree one signal,
the summation should start from degree one.

Results are given in Table 3 where the first result column gives the square root of the ON degree
variances of th@avlis et al.[1998] degree 30 solution of the POCM_4B DOT values. The next
column is the transformation of the degree 30 part of the degree 360 expansion of the POCM_4B
model Rapp 1998]. The values could be considered quite similar.

The square root of the sum of the ON degree variances from 1 ta&86.%2 cm for thd?avlis

et al. expansion and66.65 cm for the degree 30 part of the degree 360 expansion. The weighted
root mean square value of the POCM_4B values over the latitude rafi§et®¥5S was

+66.74 cm which checks very well with the ON expansion results. The root mean square value
implied by thePavlis et al degree 30 spherical harmonic solutioe®.76 cm, while the corre-
sponding value for the degree 30 part of the POCM_4B degree 360 expansiebhowdscm.

These values are less than the actual DOT values because the spherical harmonic expansion
implied DOT behavior outside the ocean domain that has less signal than in the ocean domain.

The last column in Table 3 gives to degree 36 the square root of the degree variances computed
from the spherical harmonic expansion of the POCM_4B model to degre®&p0 1998]. The

SH values are smaller in magnitude than the ON value to degree 5 after which they are larger
from degree 6 to 12, after which they are very similar except the last 2 or 3 degrees (34-36)
where the ON value appear unrealistically small. It could be that the last few degrees in the ON
expansion contain aliased signal from higher degrees and the reliability of the values may not be
as high at degrees 35 and 36 as at the lower degrees. A similar rapid fall off in the ON values at
degree 23 and 24 had been seen for the degree 24 expansions des&dmy ithang, and Yi

[1996] andRapp[1998]. A plot of the degree variances—both from the spherical harmonic and
orthonormal coefficients—is given in Appendix B. The total power of the degree 36 ON expan-
sion in this domain (D1e) was (65.90 énslightly less than found with the degree 30 expansion

in domain D7d as would be expected since D1le extends into regions where POCM_4B was not
defined.
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Table 3.Square Root of DOT ON Degree Variances for the POCM_4B
Circulation Model from Various Expansions and Various Domains. Units are cm.

Domain D7d* Domain D1e Spherical
Harmonic
Pavlis[1998] Rapp[1998] Rapp[1998] Rapp[1998]
Degree Degree 30 Degree 360 Degree 360 Degree 360
1 34.87 34.54 32.71 25.58
2 47.88 48.46 47.72 40.30
3 19.52 19.26 21.18 17.00
4 15.61 15.85 14.05 5.41
5 6.15 6.40 8.81 6.70
6 6.36 6.05 7.56 16.61
7 4.42 4.38 3.91 12.60
8 8.05 7.83 7.36 14.02
9 5.35 5.26 6.48 10.23
10 4.01 3.71 4.02 8.90
11 2.63 2.49 2.46 3.87
12 3.10 2.90 2.88 3.67
13 2.60 2.43 2.79 2.63
14 3.10 3.24 2.77 2.60
15 2.60 2.43 2.79 2.63
16 2.41 2.48 2.21 3.25
17 1.84 1.76 2.24 2.60
18 2.21 2.26 2.22 2.11
19 1.82 1.68 1.86 1.92
20 2.28 2.12 1.93 1.89
21 1.71 1.54 1.84 1.78
22 1.67 1.52 1.52 1.69
23 1.93 1.91 1.66 1.85
24 1.72 1.57 1.59 1.86
25 1.43 1.36 1.40 1.91
26 1.75 1.60 1.44 1.53
27 1.60 1.23 1.72 1.73
28 1.12 0.97 1.55 1.75
29 0.79 0.68 1.06 1.52
30 0.48 0.37 1.15 1.25
31 1.23 1.25
32 1.01 1.31
33 0.94 1.11
34 0.73 1.02
35 0.63 1.18
36 0.35 0.99
*valid to degree 30 *valid to degree 36
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Geoid Undulation Accuracy in Domain D7d and D1e

The procedures described in the previous sections have related to the ON representation of DOT.
Another related topic is the accuracy of the geoid undulations implied by a geopotential model in
the ocean domain. Specifically, one usually studies the error degree variances in the ON system.
The procedures to be used in this analysis were describegvlgg [1991, Section 7.3; 1993,

Section 6]. Results from a solution with Geosat data have been descridecbg[1995], with

TOPEX data and the JGM-3 geopotential modeRapp and Wan{1994, p.69],Rapp, Zhang

and Yi[1996], and with TOPEX data and the EGM96 geopotential modekmoine et al.

[1998, p.10-22]. In all cases, analysis was limited to degree 24 although we now know that one
could have gone to higher degrees based on spherical harmonic independence over the ocean
domain.

Since the results of this report show that higher expansion degrees are possible, we now study
and determine the geoid undulation accuracy, by degree, in the ocean domain.

The undulation accuracy will be studied for two domains (D1e and D7d) previously defined. The
Dle domain contained ocean data fromi&%0 75N, including the Mediterranean Sea and the
Hudson Bay region. The D7d contained data frofS7%® 63N, excluding the Mediterranean
Sea and the Hudson Bay.

The calculation of accuracy results from geopotential model requires the use of an orthonormal
system that excludes the four spherical harm@gig; C; o, C1 1, andS; 1. The system is System 3

or theZ; system byHwang[1991, p.94; 1993, p.1152]. The use of this system will yield combi-
nation coefficients different from those of thesystem used earlier. The software used for the
undulation accuracy results for the JGM-3 and EGM96 geopotential models is desciagbin
[1997]. This software was used to calculate the geoid undulation accuracies in the two ocean
domains noted above. The calculations were carried to degree 36 for domain D1e and to degree
30 for domain D7d. Computations were also made for the TEG-3 geopotential Maplely] et

al., 1997]. The results are given to degree 30 for domain D7d in Table 4 and to degree 36 for
domain Dle in Table 5.

The values shown in Tables 4 and 5 differ slightly, at corresponding degrees, from the values
given in Table 10.1.5.4-1 afemoine et al[1998, p. 10-22] because the domains are slightly dif-
ferent. This is the same reason that the values differ between Table 4 and 5. For example, the
cumulative, to degree 30, geoid undulation standard deviation in domain D1e is 8.1cm while the
value for domain D7d is 7.3cm. Domain D7d is slightly smaller than domain D1e and contains
less land cells, with poorer undulation accuracy, than D1e.

One also sees from Table 4 and Table 5 the rapid decrease of the undulation standard deviation
near the highest degree of the solution. Compare the standard deviations at degrees 28, 29, and
30 from Table 4 (D7d) with corresponding value from Table 5 (D1e). The rapid decay from 1.2
cm to 0.7 cm (Table 4) is not seen in the values from Table 5 where the value is 2.1 cm. The
implication is that the last few degrees—especially the last two in the ON expansion results—are
contaminated by truncation of the expansion degree.
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Table 4.0ON Geoid Undulation Standard Deviation by
Degree, in the Ocean Domain D7d. Units are cm.

Geopotential Model

Degree JGM-3 TEG-3 EGM96
2 0.3 0.3 0.2
3 0.5 0.4 0.3
4 0.6 0.6 0.4
5 0.8 0.8 0.6
6 1.1 1.0 0.7
7 1.4 1.2 0.9
8 1.6 1.4 1.0
9 1.9 1.7 1.1
10 2.3 1.9 1.2
11 2.6 2.2 1.3
12 2.8 2.5 1.4
13 3.1 2.7 1.4
14 3.3 3.0 1.5
15 3.4 3.2 1.5
16 3.6 35 1.6
17 3.7 3.8 1.6
18 3.9 4.0 1.6
19 4.0 4.2 1.7
20 4.2 4.3 1.7
21 4.3 4.5 1.7
22 4.5 4.6 1.7
23 4.6 4.7 1.8
24 4.7 4.7 1.8
25 4.7 4.7 1.8
26 4.7 4.6 1.8
27 4.5 4.3 1.7
28 4.1 3.9 1.5
29 35 3.2 1.5
30 1.8 1.6 0.7
Cumulative: 17.7 17.4 7.3
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Table 5.0N Geoid Undulation Standard Deviation by Degree,
in the Ocean Domain D1le. Units are cm.

Geopotential Model

Degree JGM-3 TEG-3 EGM96 EGM96*
2 0.4 0.4 0.2 0.1
3 0.6 0.5 0.3 0.2
4 0.7 0.7 0.4 0.3
5 0.9 0.9 0.6 0.4
6 11 11 0.7 0.4
7 14 1.3 0.9 0.7
8 1.7 15 0.9 0.7
9 1.9 1.7 11 1.0
10 2.2 1.9 1.2 0.9
11 2.6 2.2 1.3 1.2
12 2.8 24 1.3 11
13 3.1 2.7 14 1.3
14 3.3 3.0 15 1.3
15 3.5 3.2 15 14
16 3.6 3.5 1.6 14
17 3.8 3.7 1.6 15
18 3.9 3.9 1.6 15
19 4.1 4.2 1.7 1.6
20 4.3 4.4 1.7 1.6
21 4.4 4.6 1.7 1.6
22 4.6 4.7 1.8 1.6
23 4.8 4.9 1.8 1.7
24 5.0 5.0 1.9 1.8
25 51 51 1.9 1.8
26 53 52 2.0 1.9
27 54 53 2.0 2.0
28 55 53 2.0 2.1
29 5.6 53 2.1 2.1
30 5.7 53 2.1 2.2
31 5.6 52 2.1 2.2
32 5.6 5.0 2.0 2.3
33 54 4.8 2.0 2.3
34 5.0 4.3 1.8 24
35 4.4 3.7 1.6 24
36 2.8 2.4 1.0 2.5
Cumulative: 23.5 22.3 9.2 9.6*

* values computed for the whole sphere based on spherical harmonic coefficients.
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The global undulation standard deviation can be computed from the coefficient standard devia-
tions. An equation for this computation is givenLiemoine et al[1998, eq. (10.3.2-1)]. An
approximation to this equation was used to calculate the undulation standard deviations for the
EGM96 model. The approximation took the quantity in front of the summation sign equal to a
mean radius of the Earth to be consistent with the procedures for the ON analysis. Values are
given in Table 5. The values are not much different from those seen from the ON expansion
result. The cumulative undulation standard deviatioft9$ cm from the spherical harmonic
coefficient andt9.2 cm from the ON expansion, both values to degree 36. The cumulative undu-
lation standard deviation in domain D7d, to degree 30,#¥a% cm while the value from the
spherical harmonic coefficient wa3g.7 cm. One might conclude that the ON and spherical har-
monic result—in terms of the standard deviations—are not significantly different for the degrees
and domains considered here.

The values of the geoid undulation accuracy—in the orthonormal system (domain D1e) and from
the spherical harmonic coefficient standard deviations for the global domain—are plotted in the
figure shown in Appendix B.

Finally, it should be noted that the area of the ocean domain is needed in one (erronvl) of the
programs used in the ON error analysis. The area value can be found in the output of the combi-
nation program (e.g. gramclx, gramclz). Area values, in radians, for three domains used here are:
Dle, 8.670869; D7d, 8.421176; D7, 8.225967.

The CRAY programs and selected data sets for this accuracy analysis were placed in the
following directory: /a/lhome/osul615/ON/EGM96/rhr.

Conclusions

This report has described the procedures developddwang [1991], to represent a function

(such as DOT) in a specified domain such as the oceans. Various definitions used in previous
papers and reports were described. It was found that the domain Ua&thpyand Rappl994]

could be used to obtain a spherical harmonic expansion, with harmonics independent in the
domain, to a maximum degree of 32. The more complicated domain ustappy Zhang, and
Yi[1996] could be used to obtain a complete expansion to degree 29. In these two publications
the maximum degree actually used was 24 based on results obtaidecibg[1991, 1993] for

a complicated domain definition.

Modifications of each of the domains were made in anticipation of being able to carry the expan-
sions to higher degrees. The extension of the domain used by Wang and Rapp led to a domain
designated D1le. The maximum complete degree for the domain was 36. This domain included
ocean cells from 7N to 75'S excluded several ocean regions as detailed in the text. The modifi-
cation of the domain used Rapp, Zhang, and Y1996] was done to achieve an ocean domain
similar to that implied by the POCM_4B DOT definition and the region in which the Proudman
function expression was used Pwavlis et al.[1998]. The modified domain, designated D7d
domain, included ocean cells from°%to 66N with selected ocean areas considered as land
areas as detailed in the text. The maximum complete degree found for this domain was 30.
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The combination coefficients were computed for domain D1e to degree 36 and for domain D7d
to degree 30. The spherical harmonic coefficients to degree 30 of POJMaulis et al, 1998]

were converted to ON coefficients and the degree variances computed. The degree variances
agreed well with those found from the degree 30 part of the degree@&isen of POCM_4B

DOT described 9Rapp[1998].

The total power in the ocean domain D7d of the ON representation was (66%5ciie
Pavlis et al.[1998] degree 30xpansion, and (66.65 cfior the degree 30 part of the degree
360 epansion. These values agreeyverell with the value of (66.74 c)xomputed directly
from the POCM_4B data in the domain of D7d.

The spherical harmonic coefficients to degree 36 of the degreexBéfston of POCM_4B were
converted to ON coefficients and the degree variances computed. These valuesynsnailaer

to that computed from the spherical harmonic coefficient between degrees 12 and 33. At the
higher degrees the ON power is less than the SH power. Thiberan artifact of the truncation

of the pansion. Forxample, at degrees 27 to 30 (espegid#grees 29 and 30) the ON power
from the degree 36 solution was more than the power from the degree 30 solution at the
corresponding higher degrees. This would sugtpes for best results arxgansion be carried to

a certainNx and the result discarded at the highest two or three degrees. A few attempts were
made to find domains valid for solutions higher than degree 36 apdpoelto degree 37 was
found. To increase this measure one needs to sintpid domain definition (the land/ocean
interface). As this simplification occurs one woukpect the higher degree solutions to become
more feasible. On the other hand, these domairysnmiamatch the actual regions in which DOT

is determined from ocean circulation models or through theysisadf satellite altimeter data

with geoid undulation information derived from geopotential models. At this point solutions to
degree 36 in a reasonable ocean domain are possible.

The geoid undulation accusgdoy degree and cumulatiwglwas computed for domain D7d to
degree 30 and for domain D1le to degree 36. The calculations were carried ouf@vitBethe

TEG-3, and the EGM96 geopotential models. All computations were done assuming the coef-
ficient error correlation was zero. As known from previous studiemine et al[1998, p. 10-

36]) the EGM96 accuracies were smaller than the other solutions tested. The cumulative undula-
tion error to degree 30 wag.3 cm for domain D7d antB.2 cm for domain D1le. These values

were somewhat smaller than values found from global estimates based on the spherical harmonic
coefficient accuracestimateslt was also noted that the accwyrastimate § degree fell off in

an unreasonaplfast wg at degre®Nmax-2, Nmax-1, andNnex due to conjectured effects in the ON
expansion.
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Appendix A

Listings of Domain Definition Programs

Program domain.dl

/I JOB ,

/l REGION=6144K,TIME=(10,30)

/*JOBPARM LINES=9999,DISKIO=4000,SERVICE=R

//IPROCLIB DD DISP=SHR,DSN=GEODSCI.PROCLIB

/I EXEC VSSUPER

/IGO.SOURCE DD *
PROGRAM OCEAN

C PRG COMPUTES OCEAN FROM TUG 87 ONE DEGREE MEAN ELEV. FILE

C 1. RUN F558B TO GET THE ONE DEGREE ELEVATION
INTEGER IH(360),IA(360)
REAL PHI,LAM
NA=0
DO 556 1=1,180
READ(2) (IH(K),K=1,360)
PHI=90.5-1
DO 555 J=1,360
LAM=J-0.5
IF(PHI.LT.50.AND.PHI.GT.45.AND.LAM.GT.295.AND.LAM.LT.300.)GOTO 123
IF(PHI.LT.30.AND.PHI.GT.10.AND.LAM.GE.35.AND.LAM.LE.50.)GOTO 123
IF(PHI.LT.50.AND.PHI.GT.22.AND.LAM.GT.50.AND.LAM.LT.59.)GOTO 123
IF(PHI.LT.70.AND.PHI.GT.50.AND.LAM.GE.9.AND.LAM.LE.25.)GOTO 123
IF(PHI.LT.50.AND.PHI.GE.37.5.AND.LAM.GE.25.AND.LAM.LE.60.)GOTO 123
IF(PHI.GE.65.AND.LAM.GE.30.AND.LAM.LE.315.)GOTO 123
IF(PHI.GE.65.AND.LAM.GE.30.AND.LAM.LE.200.)GOTO 123
IF(PHI.EQ.53.5.AND.LAM.EQ.227.5)GOTO 5
IF(PHI.EQ.63.5.AND.LAM.EQ.189.5)GOTO 5
IF(ABS(PHI).GE.70.)GOTO 123
IF(IH(J).LE.O) GOTO 5
IF(PHI.LT.-45.AND.PHI.GT.-55.AND.LAM.GT.65.AND.LAM.LT.75.)GOTO 5
IF(PHI.LT.25.AND.PHI.GT.15.AND.LAM.GT.200.AND.LAM.LT.210.)GOTO 5
IF(PHI.LT.-50.AND.PHI.GT.-55.AND.LAM.GT.295.AND.LAM.LT.325)GOTO 5
IF(PHI.LT.68.AND.PHI.GT.60.AND.LAM.GT.335.AND.LAM.LT.350.) GOTO 5
IF(PHI.LE.40.5.AND.PHI.GT.39.0.AND.LAM.GE.7.AND.LAM.LE.10.)GOTO 5
IF(PHI.EQ.37.5.AND.LAM.GE.12.AND.LAM.LE.15.)GOTO 5
IF(PHI.LT.68.AND.PHI.GT.60.AND.LAM.GT.337.AND.LAM.LT.350.) GOTO 5
IF(PHI.LT.-5.AND.PHI.GT.-9.AND.LAM.GT.115.AND.LAM.LT.120.) GOTO 5

123 1A(J)=0
write(11,112)phi,lamia(j)
NA=NA+1
GOTO 555

5 1AQ)=1
write(11,112)phi,lamia(j)

555 CONTINUE
WRITE(10,101) (IA(K),K=1,360)

556 CONTINUE

101 FORMAT(80I1)

112 FORMAT(2F15.8,18)
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WRITE(6,*) 'NUMBER OF LAND',NA

STOP

END
/IGO.FTO1F001 DD DISP=SHR,DSN=ZHANGC.ELEV87.ONEDEG
//IGO.FT10F001 DD UNIT=ONEDAY,DISP=(NEW,CATLG,DELETE),
/I SPACE=(TRK,(10,10),RLSE),DSN=RHRAPP.OCEAN.D1,
/I DCB=(RECFM=FB,LRECL=80,BLKSIZE=24000)
/IGO.FT11F001 DD UNIT=ONEDAY,DISP=(NEW,CATLG,DELETE),
/I SPACE=(TRK,(510,10),RLSE),DSN=RHRAPP.OCEAN.DAL,
/I DCB=(RECFM=FB,LRECL=80,BLKSIZE=24000)
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Appendix A (Continued)

Listings of Domain Definition Programs

Program domain.dle

/1 JOB
/I REGION=6144K,TIME=(10,30)
/*JOBPARM LINES=9999,DISKIO=4000,SERVICE=R
//IPROCLIB DD DISP=SHR,DSN=GEODSCI.PROCLIB
/I EXEC VSSUPER
/IGO.SOURCE DD *
PROGRAM OCEAN
C PRG COMPUTES OCEAN FROM TUG 87 ONE DEGREE MEAN ELEV. FILE
C 1. RUN F558B TO GET THE ONE DEGREE ELEVATION
INTEGER IH(360),IA(360)
REAL PHI,LAM
NA=0
DO 556 1=1,180
READ(1) (IH(K),K=1,360)
PHI=90.5-1
DO 555 J=1,360
LAM=J-0.5
IF(PHI.LT.50.AND.PHI.GT.45.AND.LAM.GT.295.AND.LAM.LT.300.)GOTO 123
IF(PHI.LT.30.AND.PHI.GT.10.AND.LAM.GE.35.AND.LAM.LE.50.)GOTO 123
IF(PHI.LT.50.AND.PHI.GT.22.AND.LAM.GT.50.AND.LAM.LT.59.)GOTO 123
IF(PHI.LT.65.AND.PHI.GT.50.AND.LAM.GE.14.AND.LAM.LE.25.)GOTO 123
IF(PHI.LT.55.AND.PHI.GE.37.5.AND.LAM.GE.25.AND.LAM.LE.60.)GOTO 123
C IF(PHI.GE.75.AND.LAM.GE.30.AND.LAM.LE.315.)GOTO 123
IF(PHI.GE.75.AND.LAM.GE.30.AND.LAM.LE.200.)GOTO 123
IF(PHI.EQ.53.5.AND.LAM.EQ.227.5)GOTO 5
IF(PHI.EQ.63.5.AND.LAM.EQ.189.5)GOTO 5
C IF(PHI.LT.63.AND.PHI.GT.30.AND.LAM.GT.25.AND.LAM.LT.60) GOTO 123
IF(PHI.LT.-27.and.PHI.GT.-33.0.AND.LAM.GT.130.AND.LAM.LT.140)
* goto 123
IF(PHI.GE.75.)GOTO 123
IF(PHI.LT.-75.)GO TO 123
IF(IH(J).LE.O) GOTO 5
IF(PHI.LT.-45.AND.PHI.GT.-55.AND.LAM.GT.65.AND.LAM.LT.75.)GOTO 5
IF(PHI.LT.25.AND.PHI.GT.15.AND.LAM.GT.200.AND.LAM.LT.210.)GOTO 5
IF(PHI.LT.-50.AND.PHI.GT.-55.AND.LAM.GT.295.AND.LAM.LT.325)GOTO 5
C IF(PHI.LT.68.AND.PHI.GT.60.AND.LAM.GT.335.AND.LAM.LT.350.) GOTO 5
IF(PHI.LE.40.5.AND.PHI.GT.39.0.AND.LAM.GE.7.AND.LAM.LE.10.)GOTO 5
IF(PHI.EQ.37.5.AND.LAM.GE.12.AND.LAM.LE.15.)GOTO 5
C IF(PHI.LT.68.AND.PHI.GT.60.AND.LAM.GT.337.AND.LAM.LT.350.) GOTO 5
IF(PHI.LT.-5.AND.PHI.GT.-9.AND.LAM.GT.115.AND.LAM.LT.120.) GOTO 5
123 1A(J)=0
write(11,112)phi,lamia(j)
NA=NA+1
GOTO 555
5 1AQJ)=1
write(11,112)phi,lamia(j)
555 CONTINUE
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WRITE(10,101) (IA(K),K=1,360)
556 CONTINUE
101 FORMAT(80I1)
112 FORMAT(2F15.8,18)

WRITE(6,*) 'NUMBER OF LAND',NA

STOP

END
/IGO.FTO1F001 DD DISP=SHR,DSN=ZHANGC.ELEV87.ONEDEG
//IGO.FT10F001 DD UNIT=ONEDAY,DISP=(NEW,CATLG,DELETE),
/I SPACE=(TRK,(10,10),RLSE),DSN=RHRAPP.OCEAN.D1E,
/I DCB=(RECFM=FB,LRECL=80,BLKSIZE=24000)
//IGO.FT11F001 DD UNIT=ONEDAY,DISP=(NEW,CATLG,DELETE),
/I SPACE=(TRK,(510,10),RLSE),DSN=RHRAPP.OCEAN.D1EX,
/I DCB=(RECFM=FB,LRECL=80,BLKSIZE=24000)
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Appendix A (Continued)

Listings of Domain Definition Programs

Program domain.d7

/1 JOB

/I REGION=6124K,TIME=(01,30)

/*JOBPARM LINES=9999,DISKIO=9999, TAPEIO=00500,V=R

//IPROCLIB DD DISP=SHR,DSN=GEODSCI.PROCLIB

/I EXEC VSSUPER

/IGO.SOURCE DD *
PROGRAM OCEAN

C PRG COMPUTES OCEAN FROM TUG 87 ONE DEGREE MEAN ELEV. FILE

C 1. RUN F558B TO GET THE ONE DEGREE ELEVATION
INTEGER IH(360),IA(360)
real phi,lam
NA=0
DO 556 1=1,180
READ(1) (IH(K),K=1,360)
PHI=90.5-1
DO 555 J=1,360
LAM=J-0.5
IF(PHI.LT.50.AND.PHI.GT.45.AND.LAM.GT.295.AND.LAM.LT.300.)GOTO 123
IF(PHI.LT.30.AND.PHI.GT.10.AND.LAM.GE.35.AND.LAM.LE.50.)GOTO 123
IF(PHI.LT.50.AND.PHI.GT.22.AND.LAM.GT.50.AND.LAM.LT.59.)GOTO 123
IF(PHI.LT.70.AND.PHI.GT.50.AND.LAM.GE.9.AND.LAM.LE.25.)GOTO 123
IF(PHI.LT.50.AND.PHI.GE.37.5.AND.LAM.GE.25.AND.LAM.LE.60.)GOTO 123
IF(PHI.GE.65.AND.LAM.GE.30.AND.LAM.LE.315.)GOTO 123
IF(PHI.GE.65.AND.LAM.GE.30.AND.LAM.LE.200.)GOTO 123
IF(PHI.EQ.53.5.AND.LAM.EQ.227.5)GOTO 5
IF(PHI.EQ.63.5.AND.LAM.EQ.189.5)GOTO 5
IF(PHI.GE.65.)GOTO 123
IF(PHI.LT.-66.)GOTO 123
IF(PHI.LT.72.and.PHI.GT.50.AND.LAM.GT.263.AND.LAM.LT.295) GOTO 123
IF(PHI.LT.45.and.PHI.GT.30.AND.LAM.GT.0.AND.LAM.LT.35) GOTO 123
IF(PHI.LT.40.and.PHI.GT.35.AND.LAM.GT.354.AND.LAM.LT.360) GOTO 123
IF(PHI.LT.63.and.PHI.GT.30.AND.LAM.GT.25.AND.LAM.LT.60) GOTO 123
IF(PHI.LT.-27.and.PHI.GT.-33.0.AND.LAM.GT.130.AND.LAM.LT.140)
* goto 123
IF(PHI.LT.40.and.PHI.GT.20.AND.LAM.GT.20.AND.LAM.LT.45) GOTO 123
IF(IH(J).LT.0) GOTO 5
IF(PHI.LT.-45.AND.PHI.GT.-55.AND.LAM.GT.65.AND.LAM.LT.75.)GOTO 5
IF(PHI.LT.25.AND.PHI.GT.15.AND.LAM.GT.200.AND.LAM.LT.210.)GOTO 5
IF(PHI.LT.-50.AND.PHI.GT.-55.AND.LAM.GT.295.AND.LAM.LT.325)GOTO 5
IF(PHI.LT.68.AND.PHI.GT.60.AND.LAM.GT.335.AND.LAM.LT.350.) GOTO 5
IF(PHI.LE.40.5.AND.PHI.GT.39.0.AND.LAM.GE.7.AND.LAM.LE.10.)GOTO 5
IF(PHI.EQ.37.5.AND.LAM.GE.12.AND.LAM.LE.15.)GOTO 5
IF(PHI.LT.68.AND.PHI.GT.60.AND.LAM.GT.337.AND.LAM.LT.350.) GOTO 5
IF(PHI.LT.-5.AND.PHI.GT.-9.AND.LAM.GT.115.AND.LAM.LT.120.) GOTO 5

123 1A(J)=0
write(11,112)phi,lamia(j)
NA=NA+1
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GOTO 555
5 1AQJ)=1

write(11,112)phi,lam,ia(j)
555 CONTINUE

WRITE(10,101) (IA(K),K=1,360)
556 CONTINUE
101 FORMAT(80I1)
112 format(2f15.5,i8)

WRITE(6,*) 'NUMBER OF LAND',NA

STOP

END
//GO.FT01F001 DD DISP=SHR,DSN=ZHANGC.ELEV87.ONEDEG
/IGO.FT10F001 DD UNIT=ONEDAY,DISP=(NEW,CATLG,DELETE),
/I SPACE=(TRK,(10,10),RLSE),DSN=RHRAPP.OCEAN.D7,
// DCB=(RECFM=FB,LRECL=80,BLKSIZE=24000)
/IGO.FT11F001 DD UNIT=ONEDAY,DISP=(NEW,CATLG,DELETE),
/I SPACE=(TRK,(510,10),RLSE),DSN=RHRAPP.OCEAN.DAT7,
// DCB=(RECFM=FB,LRECL=80,BLKSIZE=24000)
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Appendix A (Continued)

Listings of Domain Definition Programs

Program domain.d7d

/1 JOB

/I REGION=6124K,TIME=(01,30)

/*JOBPARM LINES=9999,DISKIO=9999, TAPEIO=00500,V=R

//IPROCLIB DD DISP=SHR,DSN=GEODSCI.PROCLIB

/I EXEC VSSUPER

/IGO.SOURCE DD *
PROGRAM OCEAN

C PRG COMPUTES OCEAN FROM TUG 87 ONE DEGREE MEAN ELEV. FILE

C 1. RUN F558B TO GET THE ONE DEGREE ELEVATION
INTEGER IH(360),IA(360)
real phi,lam
NA=0
DO 556 1=1,180
READ(1) (IH(K),K=1,360)
PHI=90.5-1
DO 555 J=1,360
LAM=J-0.5
IF(PHI.LT.50.AND.PHI.GT.45.AND.LAM.GT.295.AND.LAM.LT.300.)GOTO 123
IF(PHI.LT.30.AND.PHI.GT.10.AND.LAM.GE.35.AND.LAM.LE.50.)GOTO 123
IF(PHI.LT.50.AND.PHI.GT.22.AND.LAM.GT.50.AND.LAM.LT.59.)GOTO 123
IF(PHI.LT.66.AND.PHI.GT.50.AND.LAM.GE.14.AND.LAM.LE.25.)GOTO 123
IF(PHI.LT.50.AND.PHI.GE.37.5.AND.LAM.GE.25.AND.LAM.LE.60.)GOTO 123

C IF(PHI.GE.65.AND.LAM.GE.30.AND.LAM.LE.315.)GOTO 123
IF(PHI.GE.65.AND.LAM.GE.30.AND.LAM.LE.295.)GOTO 123
IF(PHI.GE.65.AND.LAM.GE.30.AND.LAM.LE.200.)GOTO 123
IF(PHI.EQ.53.5.AND.LAM.EQ.227.5)GOTO 5
IF(PHI.EQ.63.5.AND.LAM.EQ.189.5)GOTO 5
IF(PHI.GE.65.)GOTO 123
IF(PHI.LT.-75.)GOTO 123
IF(PHI.LT.72.and.PHI.GT.50.AND.LAM.GT.263.AND.LAM.LT.295) GOTO 123
IF(PHI.LT.45.and.PHI.GT.30.AND.LAM.GT.0.AND.LAM.LT.35) GOTO 123
IF(PHI.LT.40.and.PHI.GT.35.AND.LAM.GT.354.AND.LAM.LT.360) GOTO 123
IF(PHI.LT.63.and.PHI.GT.30.AND.LAM.GT.25.AND.LAM.LT.60) GOTO 123
IF(PHI.LT.-27.and.PHI.GT.-33.0.AND.LAM.GT.130.AND.LAM.LT.140)
* goto 123
IF(PHI.LT.40.and.PHI.GT.20.AND.LAM.GT.20.AND.LAM.LT.45) GOTO 123
IF(IH(J).LT.0) GOTO 5
IF(PHI.LT.-45.AND.PHI.GT.-55.AND.LAM.GT.65.AND.LAM.LT.75.)GOTO 5
IF(PHI.LT.25.AND.PHI.GT.15.AND.LAM.GT.200.AND.LAM.LT.210.)GOTO 5
IF(PHI.LT.-50.AND.PHI.GT.-55.AND.LAM.GT.295.AND.LAM.LT.325)GOTO 5
IF(PHI.LT.68.AND.PHI.GT.60.AND.LAM.GT.335.AND.LAM.LT.350.) GOTO 5
IF(PHI.LE.40.5.AND.PHI.GT.39.0.AND.LAM.GE.7.AND.LAM.LE.10.)GOTO 5
IF(PHI.EQ.37.5.AND.LAM.GE.12.AND.LAM.LE.15.)GOTO 5
IF(PHI.LT.68.AND.PHI.GT.60.AND.LAM.GT.337.AND.LAM.LT.350.) GOTO 5
IF(PHI.LT.-5.AND.PHI.GT.-9.AND.LAM.GT.115.AND.LAM.LT.120.) GOTO 5

123 1A(J)=0
write(11,112)phi,lamia(j)
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NA=NA+1

GOTO 555
5 1AQJ)=1

write(11,112)phi,lam,ia(j)
555 CONTINUE

WRITE(10,101) (IA(K),K=1,360)
556 CONTINUE
101 FORMAT(80I1)
112 format(2f15.5,i8)

WRITE(6,*) 'NUMBER OF LAND',NA

STOP

END
//GO.FT01F001 DD DISP=SHR,DSN=ZHANGC.ELEV87.ONEDEG
/IGO.FT10F001 DD UNIT=ONEDAY,DISP=(NEW,CATLG,DELETE),
/I SPACE=(TRK,(10,10),RLSE),DSN=RHRAPP.OCEAN.D7D,
// DCB=(RECFM=FB,LRECL=80,BLKSIZE=24000)
/IGO.FT11F001 DD UNIT=ONEDAY,DISP=(NEW,CATLG,DELETE),
/I SPACE=(TRK,(510,10),RLSE),DSN=RHRAPP.OCEAN.DAT7D,
// DCB=(RECFM=FB,LRECL=80,BLKSIZE=24000)
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Appendix B

Square root of the degree variance of the dynamic ocean topography from POCM_4B and geoid
undulation accuracy for EGM96, based on the spherical harmonic and orthonormal (domain D1e)
systems.
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